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Abstract: Prima facie, there seems to be a tension between Wittgenstein’s Kantian-
ism in the philosophy of mathematics (especially the view according to which a
proposition p  is logically necessary if we are not able to conceive of not-p) and
Wittgenstein’s later use of imagination in philosophy (especially his building logically
alien cases, in which certain imaginary people  reject what we take to be a logically
necessary proposition). This paper investigates the tension just sketched by assessing
and criticizing three answers to the question “With what purposes does Wittgenstein
build logically alien imaginary cases?”. One of the main reasons why the paper re-
jects such answers is that they are not compatible with Wittgenstein’s later meta-phi-
losophy. The paper also sketches an alternative account, on which the tension be-
tween Kantianism and philosophical imagination in Wittgenstein’s later philosophy
of mathematics is only apparent, and argues that, thus interpreted, Wittgenstein’s use
of imagination, far from being in contrast with Wittgenstein’s meta-philosophical
ideas, somewhat derives from them.

1. Kantianism v. philosophical imagination

As is well known, in 1931 Wittgenstein made a list of ten people who
had influenced him, but he did not include Kant in the list. In fact, he
once suggested that from Kant he could get only a vague understanding
and occasional insights (von Wright 1955: 543). However, Wittgenstein
had the normal educated man’s acquaintance with Kant (McGuinness
1988: 252-253), and he assimilated Kant’s critical philosophy through
Schopenhauer, Hertz, Boltzmann, Frege, and even Russell (who were all
on the list). Moreover, in 1916, he read the Critique of Pure Reason to-
gether with his friend Ludwig Hänsel. It is thus not surprising that sever-
al scholars have detected methodological and substantial similarities be-
tween Kant and Wittgenstein (Glock 1997).

In this paper, I shall not make a detailed comparison between Kant
and Wittgenstein, but I shall confine myself to a somewhat general anal-
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1 In the first Critique Kant regarded mathematical propositions as paradigmatic cases of
necessary propositions, that is, propositions that could not be otherwise, and argued that all a
priori knowledge is of necessary propositions (1781-87/1999: A xv), and that all necessary
propositions are knowable a priori (B3).

2 One of the rare places in the Tractatus where Wittgenstein explicitly appeals to imagina-
tion for philosophical purposes is proposition 6.1233 (“It is possible to imagine a world in
which the axiom of reducibility is not valid”). However, he provides no details of such an imagi-
nary scenario (Peach 2004).

ogy between them, namely, their shared view of the modal status of nec-
essary propositions. In particular, it is widely accepted that Wittgen-
stein’s later views on logical necessity, that is, the necessity of mathemati-
cal propositions (broadly conceived as including logical laws, arithmetic
equations, and geometric axioms and theorems) belong to a broadly
Kantian tradition in the philosophy of mathematics, according to which
such necessity does not inhere in things (belonging either to our world
or to a Platonic realm), but is a by-product of our conceptual scheme:
the necessary is what we could not conceive as being otherwise (for this
formulation see Marconi 2010: 139; but this very general point is shared
not only by Williams 1974 and Lear 1984, but also by different interpre-
tations such as, for example, Putnam 1994, Conant 1991, and Forster
2004).1 In other words, Wittgenstein accepts the following, broadly Kan-
tian, view of logical necessity: a proposition p is logically necessary if we
cannot conceive of not-p (1937-1944/1983: IV, § 29).

In Wittgenstein’s view, logical laws and mathematical propositions are
(disguised) grammatical rules and therefore have “the hardness of the
logical must” (1953: § 437). The necessity of such rules goes hand in
hand with the inconceivability of what would correspond to the oppo-
site, but not because the “powers of imagination are unequal to the task”
(§ 251). Wittgenstein warns us not to confuse a grammatical proposition
(“Every rod has a length”) with an empirical one (“This table has the
same length as the one over there”). Only in the latter case do we under-
stand what it means to have a picture of the opposite, whereas in the for-
mer case “the picture attaching to the grammatical proposition could on-
ly show what is called ‘the length of a rod’” (§ 251).

However, there is as much evidence that, in striking contrast with the
Tractatus,2 the frequent use of thought experiments is one of the hall-
marks of Wittgenstein’s later writings. On the one hand, there are imagi-
nary cases that are quite similar to real or familiar cases – call them
“Logically Similar Cases” (hereinafter LSCs). For example, it is easy to
conceive that people “should never speak an audible language, but
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3 Here and in what follows, I have modified Wittgenstein’s original example (which con-
cerned mating with a king and two pawns), for it is possible and, in fact, quite easy to check-

should still say things to themselves in the imagination” (1953: § 344); a
language consisting only of orders and reports in battle, or a language
consisting only of questions and expressions for answering yes and no (§
19); a society of people who have a word, say, ‘P’, to which they respond
in two different ways when one of their group complains of ‘P’, depend-
ing on whether the complaining person has or hasn’t suffered some visi-
ble injury (1967: § 380); a language in which “there is not a form for
questions, or commands, but they are expressed in the form of state-
ments” (1937-1944/1983: app. III, § 1); “a game very akin to chess, con-
sisting in making chess moves, but without there being any winning and
losing in it; or with different conditions of winning” (app. III, § 2); and
so on and so forth.

On the other hand, especially in Wittgenstein’s later reflections on the
philosophy of mathematics, there are many more bizarre imaginary cases
(call them “Logically Alien Cases”, hereinafter LACs), in which certain
imaginary people – call them “logical aliens” – reject (in a sense that I
would like to clarify in this paper) what we take to be a logically neces-
sary proposition (or, at least, they behave in a way that implies such a re-
jection). For example, there might be people with a more primitive logic,
in which only for certain sentences is there anything corresponding to
our negation (1937-1944/1983: app. I, § 8; 1953: § 554; 1939/1976: 179);
or a formal logic that ceases to acknowledge the law of contradiction
(1937-1944/1983: IV, § 59). Or else: people whose numbers only go up to
5 (1953: § 555; 1937-1944/1983: III, 84); a situation in which it emerges
that we have always gone wrong up to now in multiplying 12x12 (1937-
1944/1983: I, § 135); people who measure with elastic rulers (I, § 5); a
society acting as follows: they pile timber in heaps of arbitrary, varying
height and then sell it at a price proportionate to the area covered by the
piles; they justify their behavior with the words: “Of course, if you buy
more timber, you must pay more” (I, § 149); someone bewitched so that
he calculates 4x3+2=10 (I, § 137); or people who “go through one of our
calculation to-day and [are] satisfied with the conclusions, but to-mor-
row want to draw quite different conclusions, and other ones again on
another day”, so that when they “make this transition one time, the next
time, ‘just for that reason’”, they “make a different one, and therefore
(say) the next time the first one again” (I, § 155); a man who checkmates
with a king and a knight (1939/1976: 148)3; and so on and so forth.
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mate with a king and two pawns: it is likely that Wittgenstein was not thinking of the possibility
of pawn promotion (converting a pawn, say, into a queen). Thanks to an anonymous referee for
suggesting this.

4 As is well known, the issue is hotly disputed (see, for example, Gendler and Hawthorne
2002). Accordingly, this paper neither provides a comprehensive discussion of it nor (perhaps
more importantly) takes a Wittgensteinian stance on the question.

5 Here I take assent to be a mental act, and assertion to be a (sincere) speech act.

A quite widespread account of Wittgenstein’s use of imagination in
philosophy draws a sharp divide between the two kinds of thought ex-
periments. On the one hand, Wittgenstein’s LSCs are conceptually simi-
lar to familiar or real cases. But we are normally able to conceive and un-
derstand concepts similar to ours. Therefore, Wittgenstein’s LSCs are
conceivable and intelligible (Canfield 1975). Since Wittgenstein usually
takes it for granted that conceivability entails possibility, it follows that,
in Wittgenstein’s view, LSCs are possible. From this conclusion it is quite
natural to draw the following, further consequence: the very purpose of
Wittgenstein’s LSCs is, as it were, to highlight (or reveal) possibilities.4

On the other hand, in Wittgenstein’s LACs, certain imaginary aliens
reject what we take to be a logically necessary proposition, say p. In other
words, such aliens deny p, accept or assent to not-p, or even assert not-p.5

But since Wittgenstein accepts the broadly Kantian view, according to
which p is logically necessary if we cannot conceive of not-p, it follows
that, according to Wittgenstein, the circumstances described by LACs
are ultimately inconceivable (and unintelligible). But then it is natural to
ask: Why, for what purposes does Wittgenstein build LACs, that is, ulti-
mately inconceivable and unintelligible imaginary cases? For example,
one can imagine and conceive that a logical alien behaves in a certain
way or utters certain sentences, for example, he makes certain moves on
the chessboard using a king and a knight and suddenly cries “Check-
mate!”, or he writes “2+2=5” on a piece of paper. But if it is necessary
that 2+2=4, if it is impossible to checkmate with a king and a knight,
then it is strictly speaking unintelligible and inconceivable for someone
to calculate 2+2=5 correctly or checkmate with a king and a knight. So
why should one describe the imaginary cases of someone calculating
2+2=5 correctly or checkmating with a king and a knight?

In what follows, I shall consider and assess three possible answers to
the question: “For what purposes does Wittgenstein build such LACs?”
(sections II, III and IV). Each answer has drawbacks and is, in particu-
lar, not readily compatible with Wittgenstein’s explicit metaphilosophy. I
shall then sketch an alternative account of Wittgenstein’s thought experi-
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6 Though some of the issues discussed in the paper might be relevant to some contempo-
rary debates in the philosophy of mathematics (see Horsten 2012), the paper’s purpose is to clar-
ify the relation between Kantianism and the use of imagination in Wittgenstein’s later philosophy.

ments, in which the tension between Wittgenstein’s use of imagination
and Wittgenstein’s broadly Kantian conception of necessity is only ap-
parent (section V). I will also argue that Wittgenstein’s use of imagina-
tion, far from being in contrast with Wittgenstein’s metaphilosophical
ideas, to some extent derives from them (section VI).6

2. Frege and the awareness of illusion

In Kant’s view, the rules of logic are the preconditions of the possibili-
ty of judgment (1781-87/1999: A52/B76, 109-10): not just finite human
judgment, but rather judgment as such. The Jäsche Logic provides us
with a quite perspicuous summary of Kant’s conception of general logic
(conceived of as “the science of the necessary laws of the understanding
and reason in general, or – which is the same – of the mere form of
thinking”) (1800/1992: §§ 13-16): logic is formal, that is, it is concerned
with the form of coherent thought; it abstracts from all objects and, gen-
erally speaking, from semantic content; it exhibits “the conditions under
which alone understanding can and shall agree with itself”; in logic, “the
question is not one of contingent but necessary rules, not how we think
but how we ought to think”; logic must be sharply distinguished from
psychology and natural sciences (as well as from special and transcen-
dental logics); but it does not furnish metaphysical knowledge either (in
fact, it does not provide substantial knowledge of any sort); logic has a
special status, for it is a canon, that is, it is constitutive of reason and un-
derstanding. To put it in a slogan: illogical thinking is not thinking at all.

Nearly eighty years after Kant’s death, Frege adopted a multi-faceted
attitude toward Kant’s conception of logic. On the one hand, he departed
from it in several respects. The best-known difference lies in Frege’s logi-
cist thesis, according to which arithmetic is reducible to logic. The most
dramatic difference lies in Frege’s revolutionary use of quantifiers. The
most philosophically profound difference derives from Frege’s idea that
logical truths are substantive rather than merely formal (MacFarlane
2002). On the other hand, however, Frege inherited the Kantian concep-
tion of logic in other respects. Not only did he agree with Kant that logical
truths are maximally general, but he also inherited the Kantian idea that
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laws of logic are constitutive of thought and rationality. Let me elaborate
on the latter point. Frege refers to the laws of logic as “the laws of truth”
and “the laws of thought” and, following Kant, he thinks that the confu-
sion of the logical with the psychological is a “widespread philosophical
disease” (1884/1984: 368-9). Accordingly, Frege (1893-1903/1982) builds
a thought experiment concerning the possibility of discovering a “logical
alien”. He writes: “What if beings were … found whose laws of thought
flatly contradicted ours and therefore frequently led to contrary results
even in practice? The psychological logician could only acknowledge the
fact and say simply: those laws hold for them, these laws hold for us. I
should say: we have here a hitherto unknown type of madness” (14).

One way of interpreting Frege’s thought experiment is to say that he
aimed to show that such an imaginary situation, which the psychologistic
logician finds intelligible, is ultimately unintelligible and inconceivable.
Frege’s key move is to ask: Who is right (the logical aliens or ourselves)?
Whose laws are correct (theirs or ours)? The point is that such questions
cannot be psychological questions. Rather, they presuppose the possibili-
ty of assessing the scenario in normative rather than in merely descrip-
tive terms. In fact, the very notions of agreement and disagreement, logi-
cal and illogical, and even thought are normative rather than descriptive.
Psychologism gives us the illusion that we can describe logically alien
thought, that is, illogical thinking (a thought that disagrees with our laws
of logic). The psychologistic logician, however, is in no position to tell us
anything about the thought of the logical aliens. For without logical,
rather than merely psychological resources, one cannot describe some-
one’s thought but only his outward behavior. Under this interpretation,
Frege’s anti-psychologistic thought experiment is ultimately based on the
Kantian thesis, according to which illogical thinking is no thinking at all
(Conant 1991, 137).

However, Frege also held another view, according to which the laws
of logic do have a positive subject-matter: they are the most general laws
of nature, which state absolutely general substantial truths. It is contro-
versial whether Frege’s Platonism is in tension with his partly Kantian
view of logic. In this paper, I do not wish to take part in such a contro-
versy (MacFarlane 2002, Reck 2005). Suffice it to say how Wittgenstein,
in the Tractatus, resolved Frege’s alleged instability by returning to Kant.
In Wittgenstein’s view, the propositions of logic are tautologies that say
nothing: they are formal, empty, a priori. Logic is not a doctrine: in fact,
“Theories of logic which make a proposition of logic appear substantial
are always false” (1921-1922/1974: 6.111). The main misunderstanding
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(common to Frege, Russell and Psychologism) lies in thinking that, since
logic is true, it must have a positive subject-matter. Thus, in a sense,
Wittgenstein can be seen here as returning to Kant’s thought that logic
cannot deliver knowledge and that illogical thinking is not thinking at all
(“Thought can never be of anything illogical, since, if it were, we should
have to think illogically”, 1921-1922/1974: 3.03).

According to James Conant, what one might call the Kant-Frege-Trac-
tatus line of thinking in the philosophy of logic is shared by the later
Wittgenstein (and, more recently, by Putnam 1994). Conant suggests not
only that Wittgenstein thinks that the laws of logic are constitutive of
thought and reasoning, and therefore cannot be abandoned except at the
cost of abandoning, at the same time, thinking and reasoning (Wittgen-
stein 1937-1944/1983: I, 131, 132, 133, 134, 156, 163; IV, 29; VII, 38);
but that Wittgenstein (1953) formulates the task of philosophy as fol-
lows: “The great difficulty here is to represent the matter as if there were
something one couldn’t do” (§ 374). Hence, the moral that Conant draws
from the tale is threefold (1991: 157). Firstly, the later Wittgenstein fully
belongs to the Kant-Frege-Tractatus line of thinking in the philosophy of
logic, for he accepts the idea that illogical thinking is not thinking at all.
Secondly, Wittgenstein’s main goal in (his later) philosophy is the same as
Frege’s main goal in his anti-psychologistic thought experiment: to make
one aware that one is subject to the illusion of thought. Thirdly, accord-
ing to Wittgenstein (as well as according to Frege in the thought experi-
ment discussed above), this goal should be pursued by means of philo-
sophical elucidation (rather than of philosophical, substantial theory).

Such theses invite one to provide the following Conant-inspired an-
swer to the question: “For what purposes does Wittgenstein build ulti-
mately unintelligible LACs?”: in order to emphasize the illusion of under-
standing and conceiving (as Frege did in his anti-psychologistic thought
experiment). He constructs an imaginary case, in which, for example, a
man checkmates with a king and a knight. Prima facie, such a situation
looks as if it is conceivable and intelligible, as much as an LSC. In fact,
this LAC is ultimately inconceivable and unintelligible: we cannot make
sense of it. Its purpose is to make one recognize the illusion of intelligi-
bility (that is, the illusion that such a case is intelligible) as an illusion.

Let me briefly comment on this. On the one hand, it is true that
Wittgenstein recognizes that there is something that we might call “the
illusion of understanding”. For example, he writes: “don’t I also some-
times imagine myself to understand a word (as I may imagine I under-
stand a kind of calculation) and then realize that I did not understand it?
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(“I thought I knew what ‘relative’ and ‘absolute’ motion meant, but I see
that I don’t know.”)” (1953: § 138). On the other hand, however,
Wittgenstein explicitly tells us that if we try to think the impossible (for
example, if we look at our lamp and say: “This lamp is different from it-
self”), we do not succeed and can even get ourselves into a thinking-
cramp (1937-1944/1983: I, § 132). It is worth noting, here, that he does
not tell us that, by trying to think the impossible, we become aware that
such an exercise of imagination is nothing but a mental cramp.

Moreover, there was no need for Wittgenstein to use imagination in
philosophy in order to give up the idea of putting forward substantial
philosophical theories: an insubstantial, descriptive conception of philos-
ophy would have been enough (more on this in section VI below). As a
matter of fact, however, he built many different and bizarre imaginary
cases. It is highly implausible that he did so with the very purpose of do-
ing what Frege did with just one thought experiment (let alone what the
Tractatus did using no thought experiments at all), that is, exhibiting
nonsense in order to make us aware of the illusory conceivability of a
certain imaginary scenario, based on the Kantian assumption that illogi-
cal thinking is not thinking at all. Wittgenstein once complained that
“Frege says in the preface to the Grundgesetze der Arithmetik: ‘here we
have a hitherto unknown kind of insanity’ – but he never said what this
‘insanity’ would really be like” (1937-1944/1983: I, § 152). Given this re-
mark, it is natural to wonder why Wittgenstein should criticize Frege for
not providing examples and descriptions of logical madness, if – as Co-
nant seems to suggest – such examples and descriptions do not make a
difference, for they do not allow one to say or to show something more
than or something different from what Frege said and showed in the anti-
psychologistic thought experiment outlined above.

3. Back to Descartes?

In this section I shall take into account and comment on a different
view, according to which Wittgenstein’s purpose (in building ultimately
inconceivable LACs) is to discover inconceivable possibilities, in a Carte-
sian mold. Let me first explicate why and in what sense descartes is in-
volved here (see also Conant 1991).

As I have said above, Kant conceived of the laws of logic as the pre-
conditions of the possibility of thought: not just finite human thought
but, rather, thought as such. This qualification shows that one of Kant’s
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main targets was descartes. descartes thought that Aquinas’ and
Suarez’s idea, according to which “God is called omnipotent because He
can do … everything that does not imply a contradiction” (Aquinas
1265-1274/1947: Q. 25, art. 3) erred into blasphemy. According to
descartes, God could have made contradictories true together: God can
bring about things which our minds are incapable of comprehending,
and this is the only way to acknowledge His omnipotence. From a Divine
point of view, logical laws are only contingently necessary. In fact, the ne-
cessity of logical laws depends on the fact that our minds are constituted
in a certain way. But that our minds are so constituted is a contingent
fact about our nature. descartes refuses to say that God cannot make a
mountain without a valley, or bring it about that 1 and 2 do not make 3.
Rather, he says that God has given us a mind such that we cannot con-
ceive a mountain without a valley, or a sum of 1 and 2 that is not 3
(1648/1984-91, vol. 3: 359) (such things involve a contradiction in
descartes’ conception). But in his view, although it is unintelligible to us
how God could have brought it about from eternity that, say, twice four
makes eight, we must admit that it would have been easy for God to or-
dain certain things in such a way that we cannot understand the possibil-
ity of their being otherwise than they are (vol. 2: 294). descartes alludes
to the queer possibility of a radically different world, which is possible
for God even though it is not intelligible for us (see also Wittgenstein
1939/1976: 147, where Wittgenstein apparently makes a similar move;
but more on this below). According to descartes, the possibility of such
a world is not something we can comprehend (that is, we are not able to
conceive such an imaginary world), but is something we can apprehend
(that is, we can imagine that such an inconceivable world could be)
(Geach 1977: 10). 

Now, under the interpretation I discuss in this section, Wittgenstein
describes in his LACs imaginary circumstances in which imaginary peo-
ple reject a logically necessary proposition p, that is (in classical logic),
they accept not-p. But even though, in continuity with Kant, he regards
not-p as ultimately inconceivable and unintelligible, he thinks that not-p
is, in a sense, possible (Stroud 1965 and Coliva 2010). This notion of pos-
sibility is metaphysical and anti-Kantian, for it implies that necessity is
not a by-product of our ability to conceive and understand: in fact, it
refers to the possibility of something inconceivable.

For example, Broyles (1974) succinctly tells us that some “of the many
strands in the weave of Wittgenstein … seem to deserve to be called
metaphysical, in the best sense of that term” (296). More straightfor-
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7 I interpret this as meaning that we have always gone wrong up to now in calculating
12x12=144.

wardly, Coliva recently argued that Wittgenstein’s imagining radically
different communities leaves us with the “purely metaphysical possibility
that if certain ‘facts of nature’ (PI II, xii) had been totally different, or if
‘something really unheard of’ (OC, § 513) were to happen, there could
be creatures who … don’t reason as we do, for whom 2+2 isn’t equal to
4, … etc. Hence, all that remains to it is the metaphysical possibility that
all this might happen, or might have been the case. Still, it is a possibility
that we can’t really conceive of in detail, given the kind of creatures we
are and the fact that our concepts are what they are also because of some
very general facts about us and about nature” (2010, 22).

As far as I can see, if these interpretations were right, Wittgenstein’s
ideas would resemble descartes’ view according to which, for example,
God could have made contradictories true together, or could make it
false that 2x4=8, so that, from the divine point of view, even logical
laws and arithmetical theorems are only contingently necessary (Ala-
nen 1991); the possibility of God’s bringing about from eternity that it
was not true that, say, 2x4=8 is something we can apprehend but not
comprehend.

On the one hand, it is true that Wittgenstein’s voice sometimes takes
on such Cartesian tones. For example, he writes: “Imagine the following
queer possibility: we have always gone wrong up to now in multiplying
12x12.7 True, it is unintelligible how this can have happened, but it has
happened” (1937-1944/1983: I, § 135). This seems to suggest there is the
possibility of ways of thinking, counting, inferring, calculating, and so
forth, alternative to ours, even though such alternatives are unintelligible
and, strictly speaking, inconceivable. He also wonders whether it is im-
possible for someone to have always gone wrong in his calculation (even
an elementary one such as 2+2), for a devil deceives one, so that one
keeps on overlooking something, however often one goes over the sum
step by step (I, § 136).

On the other hand, however, there are exegetical grounds for not at-
tributing such a metaphysical, Cartesian view to Wittgenstein. First, if
Wittgenstein were adopting such a notion of ultimately inconceivable,
metaphysical possibility, that would put him outside the broadly Kan-
tian tradition in the philosophy of mathematics, because he would cease
to regard possibility and necessity as byproducts of our ability to con-
ceive and think (whereas, as I said above, many people accept that
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8 This remark, however, might sound question-begging, for one could also say that there is
a tension between, so to speak, Kantianism and Cartesianism within Wittgenstein’s views of logi-
cal necessity.

9 See footnote 3 above.
10 For a comparison between Wittgenstein’s later philosophical method and his explicit

metaphilosophical claims, see Williams (2010).

Wittgenstein takes a broadly Kantian perspective on logical necessity).8

Secondly, even though Wittgenstein usually takes it for granted that
conceivability entails possibility, it is probable that he sometimes imag-
ines something without explicitly wondering whether the imagined cir-
cumstance is, strictly speaking, ultimately conceivable and possible or
rather inconceivable and impossible. Moreover, at other times he explic-
itly calls “conceivable” what a Kantian would regard as a logical impossi-
bility. For example, he once reminded his students that if a man has a
knight and a king, we give up playing, for there is nothing we will ever
call “mating with one knight”.9 However, Wittgenstein argued, a man
may not give up trying. He may be convinced that there are still possibil-
ities that we have not taken into account. In such a case, “is it inconceiv-
able that he should one day do something which he and everyone else
would call mating?” Wittgenstein answered: “No, not at all. He might
do something which we now should call ‘not playing the game’ but of
which people then would say ‘why yes, that’s all right’. – It seems to me
immensely unlikely and I’m not going to gamble on it, but it’s conceiv-
able” (1939/1976: 148). Here Wittgenstein does not try to apprehend by
imagination the possibility of something inconceivable; rather, he seems
to suggest that, however queer and unlikely, such a scenario is, after all,
conceivable.

Thirdly, the thesis according to which Wittgenstein is attempting to
apprehend certain inconceivable, metaphysical, Cartesian possibilities
(or Kantian logical impossibilities) is difficult to reconcile with some as-
pects of Wittgenstein’s explicit metaphilosophy,10 especially with his idea
that one of the main goals in philosophy is to throw light on how our
language works, in order to get conceptual clarity (Glock 2002). How
could one get conceptual clarity by discovering or apprehending, by
means of imagination, one or more metaphysically possible but conceptu-
ally unclear or even inconceivable scenarios?
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4. Making the inconceivable conceivable

A third possible answer to the question: “For what purposes does
Wittgenstein build LACs?” is based on Putnam’s interpretation of
Wittgenstein’s views on logical necessity (Putnam 1992, 1994). According
to Putnam, as the history of mathematics and natural sciences teaches us,
there are cases in which we considered a certain statement, say p, as nec-
essary, and we later discovered (or acknowledged) that p is, after all, con-
tingent. In such cases, up to a certain time not-p was (regarded as) incon-
ceivable and unintelligible (hence, allegedly impossible), but it later be-
came conceivable and intelligible (hence, surprisingly possible). Putnam’s
favorite examples are non-Euclidean geometry and Einsteinian physics.
Prior to Lobachevski, Riemann, and others no one knew how to discon-
firm Euclidean geometry, or even if anything could disconfirm it: for ex-
ample, the statement: “A plane triangle may have two right angles as base
angles” was (considered as) inconceivable and unintelligible. However, as
Putnam puts it, it was true. Learning Riemannian geometry enables us to
give sense to those words. (This does not mean, of course, that we are
stipulating a new meaning). Prior to Riemann, that triangle was (consid-
ered as) inconceivable. Therefore, it was regarded as impossible. After
Riemann, we understand in what sense such a triangle is possible. By a
similar token, prior to Einstein, the statement “Given two simultaneous
events A and B, A happened earlier than B” was (regarded as) inconceiv-
able and unintelligible. Einstein did not arbitrarily change the meaning of
one or more words occurring in that statement. Rather, he gave them a
sense. It is worth noting, here, that, as is well known, the use of imagina-
tion was fundamental for Einstein’s making sense of such a statement. It
is natural to think, for example, of the very fast train thought experiment
in Einstein’s 1917 Popular Exposition of Relativity (1917/1961).

When Putnam takes into account Wittgenstein’s question: “Are our
laws of inference eternal and immutable?” (Wittgenstein 1937-
1944/1983: I, § 155), his main points are the following. Firstly, non-Eu-
clidean geometry and Einsteinian theory provide grounds for answering
a qualified “No, at least in certain cases” to that question. Secondly, this
is not to say that there is a metaphysical guarantee that something that
will strike us as completely analogous to what happened in the case of
geometry or physics will ever happen in the field of arithmetic or even of
logic. (For example, the question: “Could one disconfirm the principle
of non-contradiction?” does not have a clear sense yet). Thirdly, the first
two points just stated express Wittgenstein’s own view about this issue.
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This view of logical necessity (which Putnam attributes to Wittgen-
stein and shares with him) belongs to the Kantian tradition, as broadly
conceived (the necessary is what we could not conceive as being other-
wise), but Putnam brings it up to date in the light of non-Euclidean ge-
ometry and Einsteinian relativity. As far as I can see, Putnam comes
quite close to Wittgenstein’s later view of logical necessity, but a proper
assessment of this point goes beyond the purposes of this paper. Here I
am more interested in the following Putnam-inspired answer to the ques-
tion: “For what purposes does Wittgenstein build LACs?”: Wittgenstein
builds LACs in order to show us how one could make conceivable some-
thing that was, up to then, inconceivable, on the model of non-Euclidean
geometry and Einstein’s thought experiments.

On the one hand, at first glance, the idea expressed by the Putnam-in-
spired answer is very attractive. First, in Wittgenstein’s circle in Vienna, as
well as in Cambridge, many people were discussing non-Euclidean geome-
try (as well as relativity theory), particularly friends of Wittgenstein’s, such
as Schlick and Russell (Penco 2010: 369). Moreover, both in Waismann’s
reports of the conversations at Schlick’s house and in Wittgenstein’s Re-
marks on the Foundations of Mathematics there are references to Rieman-
nian geometry and to Einstein’s point of view on geometry (1929-
1932/1967: 38, 162; 1937-1944/1983: I, app. III, 7). In 1937, Wittgenstein
wrote that Einstein’s main contribution (“what Einstein taught the
world”) was the idea that the method of measuring time belongs to the
grammar of time-expression (2000: MS 119; my emphasis); about five
years before he had written that: “What Mach calls ‘thought experiment’
is of course not an experiment. At bottom it is a grammatical investiga-
tion” (2005: 441; my emphasis). Thus, one might conclude that, according
to Wittgenstein (both “intermediate” and “late”), the similarity between
Einstein’s work and his own was that they were both conducting grammat-
ical investigations by means of thought experiments (Penco 2010: 369).

Secondly, Wittgenstein famously suggested that if one believes that the
concepts we use are absolutely the correct ones, so that someone holding
different concepts would not realize something that we realize, then the
philosopher should let him imagine certain general facts of nature radi-
cally different from the actual ones, and “the formation of concepts dif-
ferent from the usual ones will become intelligible to him” (1953: II,
230). Here the notion of facts of nature (which, as is well known, is con-
nected with the concept of a form of life) should be taken in a broad
sense, as including not only biological facts, but also more complex an-
thropological and symbolic ones. The following are examples of such
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thought experiments: people learn sums by counting beans or apples or
other things that appear and disappear by themselves (1937-1944/1983:
I, 37, 137); things are measured with elastic rulers rather than with rigid
ones (I, 5); a proof is engraved in rock but alters in appearance (III, 42);
someone who sees, for example, the group I I I I I as the group I I II I I
with the two middle strokes fused, and therefore counts the middle
stroke twice (I, § 169): imagining such worlds – one could say – allows us
to understand or make intelligible ways of calculating, measuring and in-
ferring etc. that we would find unintelligible otherwise.

Thirdly, when Wittgenstein (1937-1944/1983) comments on a puzzle
consisting in making a particular figure, e.g. a rectangle, out of given
pieces, he writes: “Can’t we say: the figure which shews you the solution
removes blindness, or again changes your geometry? It as it were shews
you a new dimension of space. (As if a fly were shewn the way out of the
fly-bottle)” (I, 44). Quite interestingly, in the Investigations he uses the
same metaphor to talk about philosophy (rather than geometry): “What is
your aim in philosophy? – To shew the fly the way out” (1953: § 309). In
both cases, the metaphor of being shown the way out points to what
Wittgenstein regarded as a very important intellectual activity, namely,
the attempt to avoid, “cure,” and overcome our “natural” blindness
and/or our “instinctive” temptation (to think in certain misleading ways)
(Janik 2011).

On the other hand, however, there are grounds for rejecting the Put-
nam-inspired interpretation just outlined. First, even if we grant, for the
sake of argument, that some of the imaginary cases that I have just
briefly described (especially those in which the things of the world –
beans, apples, rocks, and so on and so forth – “behave” in non-ordinary,
bizarre ways) make intelligible something up to then unintelligible, there
is still a large number of cases that, at least prima facie, do not fit this
pattern. Moreover, there are grounds for thinking that even those imagi-
nary cases do not really work like that.

Wittgenstein does not tell us that such imaginary cases are meant to
make intelligible concepts different from the usual ones; rather, he tells us
that such imaginary cases are meant to make intelligible the formation of
concepts different from the usual ones (1953: II, 230). The difference is
telling. Such imaginary cases are not meant to provide us with reasons to
understand why, say, 2+2 might be equal to 3: in fact, nowadays, even af-
ter being acquainted with Wittgenstein’s thought experiments, we still
have no grounds at all for thinking that (it is possible that) 2+2=3.
Rather, such imaginary cases are meant to help us understand why some-
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one could come to believe that, if he takes two beans plus two beans, he
gets three beans: a possible cause of that belief is, for example, that in his
world, as we would say, beans disappear without one noticing.

Secondly, the reference to the Einsteinian model is promising, though,
as Penco (2010) has shown, one cannot do more than conjecture about the
relation between Einstein and Wittgenstein, for there is not much material
to work on; whereas the reference to non-Euclidean geometry is even more
controversial, for it cannot be taken for granted that imagination plays (or
played) a fundamental role in the acceptance of such alternative geometry.

Thirdly, according to Wittgenstein, the philosopher’s “task is not to
discover calculi, but to describe the present situation” (1937-1944/1983:
III, 81), in order to make it possible for us to get a clear view of the pre-
sent state of mathematics, without deducing or explaining anything
(1953, § 125). In this sense, for example, the philosophy of mathematics
before Riemann is and should be different from the philosophy of mathe-
matics after Riemann. Hence, the philosopher should pay attention to
the conceptual development of mathematics, in order to describe it ap-
propriately. According to Wittgenstein, however, it is up to the mathe-
matician, not the philosopher, to create essences (or necessities) (1937-
1944/1983: I, § 32) and to open new possibilities (new roads) (I, § 47).
For example, he (1937-44/1983) writes: “What, then – does it just twist
and turn about within these rules? – It forms ever new rules: is always
building new roads for traffic; by extending the network of the old ones”
(I, 166); here he is talking about mathematics, not about philosophy.
More generally, the Wittgensteinian philosopher should not challenge
one or another mathematical theorem, but rather help us better to un-
derstand its nature and role. He should not form new rules, but rather
help us to reach conceptual clarity about the rules such as they are at the
present time, in the context of present mathematics. 

In conclusion, though Putnam’s interpretation throws light on
Wittgenstein’s view of logical necessity, the Putnam-inspired view fails to
provide a proper account of Wittgenstein’s building of LACs in the phi-
losophy of mathematics.

5. Kantianism and imagination again

The three interpretations presented in sections II-IV above share the
assumption that LACs are radically different from LSCs, and have at
least two unwelcome consequences:



70 PAOLO TRIPOdI

11 Pace Conant, it is a different use, not a mere illusion of use (Forster 2004: 112).

(a) Wittgenstein’s building of LACs seems to be in tension with his
adoption of a broadly Kantian view of logical necessity.

(b) The purposes of Wittgenstein’s LACs (thus interpreted) seem to dis-
agree with some of Wittgenstein’s explicit metaphilosophical claims.

In this section, I will focus on point (a) above, and sketch and alterna-
tive view. What is the structure of Wittgenstein’s thought experiments?
He typically takes into account a familiar or real situation, involving cer-
tain familiar and real concepts, languages, and worlds. Then he imagines
removing (or changing) one or more features or parameters in that sce-
nario, thus obtaining a different scenario. Nonetheless, the scenario, as
modified in imagination, is conceptually and logically similar to the initial
scenario. Wittgenstein tells us that his “clear and simple language-games
[that is, the scenarios modified in imagination] are … set up as objects of
comparison which are meant to throw light on the facts of our language by
way not only of similarities, but also of dissimilarities” (1953: § 130). In
the same vein, he writes: “How do we compare games? By describing
them – by describing one as a variation of another – by describing them
and emphasizing their differences and analogies” (1937-44/1983, II, § 49).

As far as I can tell, Wittgenstein never draws a distinction between
LSCs and LACs. In fact, even in the paradigmatic cases of LACs Wittgen-
stein underlines the similarities between bizarre and familiar circum-
stances. For example, it might be the case that certain people measure
with elastic rulers, so that what is called ‘measuring’ and ‘length’ is some-
thing different from what we call those things. “The use of these words,”
Wittgenstein tells us, “is different from ours; but it is akin to it; and we too
use these words in a variety of ways” (1937-44/1983, I, 5).11 Even the logi-
cally strange timber-sellers (who might appear to belong to a “non-eco-
nomic” form of life) are, in Wittgenstein’s view, somewhat similar to us.
They set the price of an area of wood according to the area it covers, re-
gardless of how much wood the pile contains. Thus, they do not mean the
same by “a lot of wood” and “a little wood” as we do. Nonetheless, it is
not that they have no concepts (of a lot and a little) at all. What they do is
not quite paying, calculating, measuring, and perhaps even thinking in our
sense, but engaging in a genuine alternative practice that we should call “a
quite different system of payment” (1937-44/1983: I, 150; 1939/1976: 202-
4; Forster 2004: 112). Perhaps in a similar vein, Wittgenstein points out
that “there is something like another arithmetic” (1969: § 375).
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12 The reason why this very case is not discussed in this paper is that “Kripkensteinian”
problems would have made the issue much more difficult and broad.

Now, bearing in mind that LACs are as much variations of real or fa-
miliar scenarios as LSCs, consider again the idea, outlined in section I
above, according to which, in Wittgenstein’s LACs, certain imaginary
aliens reject what we take to be a logically necessary proposition, say p.
This idea should not be interpreted as if such aliens deny p, accept or as-
sent to not-p, or even assert not-p. Rather, such imaginary people deny p*,
accept or assert not-p*, where p* is similar to (but also different from) p. 

On the one hand, it should be emphasized that p* should be, at least
prima facie, very similar (or, at least, similar in many relevant respects) to
p; otherwise, the imaginary case would be irrelevant for our understand-
ing of the logical (and modal) status of p. On the other hand, however,
there are no grounds for claiming that, strictly speaking, p* is necessary
or (which is the same, in a broadly Kantian perspective) that not-p* is in-
conceivable. Therefore, given the premise, according to which Wittgen-
stein’s alleged aliens deny p*, accept or assent to not-p*, or even assert
not-p*, and given the further premise, according to which Wittgenstein
accepts the broadly Kantian thesis that p is logically necessary if we can-
not conceive of not-p, the controversial conclusion that, according to
Wittgenstein, the circumstances described by LACs are ultimately incon-
ceivable and unintelligible, does not follow. Accordingly, the three an-
swers to the question: “For what purpose did Wittgenstein build LACs
in his later philosophy?” discussed in this paper (namely, the Conant-in-
spired answer, the “Cartesian” answer, and the Putnam-inspired answer)
are not well justified. In conclusion, under this interpretation, there is no
tension at all between Wittgenstein’s broadly Kantian view of logical ne-
cessity and Wittgenstein’s later use of imagination in the philosophy of
mathematics. In his LACs Wittgenstein describes not the inconceivable
denial of a necessary proposition p by certain aliens, but rather the (like-
ly) conceivable denial of another proposition p*, where p* is (relevantly)
similar but not identical to p. In fact, the so-called LACs are not logically
alien at all. For example, while we are not able to imagine denying p:
2+2=4 (in the ordinary sense of “2”, “+” and “4”), we can imagine deny-
ing p*: 2+2=4, where “+” means not plus, but rather quus (where ‘x quus
y’ = x plus y if x, y < 4, and = 5 otherwise) (Kripke 1982, though Krip-
ke’s own example is slightly different, and is meant to discuss Wittgen-
stein’s most celebrated “alien”, namely, the recalcitrant pupil of the In-
vestigations §§ 185 ff.);12 by a similar token, while we are not able to
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imagine denying p: a pile of wood having a base area of 3 square feet and a
height of 2 feet contains a larger amount of wood than a pile of wood hav-
ing a base area of 4 square feet and a height of 1 foot (where the expres-
sion “a larger amount” should be understood in the ordinary sense), we
can imagine denying p* (which is homo-phonic with p), where the ex-
pression “a larger amount” means a larger area.

6. Metaphilosophy and imagination

In this section, I shall focus on point (b) of section V above, and show
that Wittgenstein’s use of imagination, far from being in tension with his
explicit metaphilosophy, somewhat derives from it. Consider, once again,
Wittgenstein’s metaphilosophical statements (1953: §§ 126-128): philos-
ophy is merely descriptive; it should simply put everything (that is, our
linguistic usage) before us, and neither explain nor deduce anything; the
work of the philosopher consists in assembling reminders for a particular
purpose; if one tried to advance substantial theses in philosophy, it
would never be possible to debate them, because everyone would agree
to them. Now, it is natural to ask: what do thought experiments have to
do with such a descriptive conception of philosophy? Prima facie, one
might be tempted to answer “Nothing at all: describing linguistic usage
is one thing, building imaginary cases is a totally different matter”. On
closer inspection, however, it turns out that the use of imagination in
philosophy is, in a sense, a natural consequence of a descriptive concep-
tion of philosophy. More precisely, thought experiments are the instru-
ments or the techniques that allow the philosopher, as it were, to over-
come or avoid the shortcomings of conceiving of philosophy as merely
descriptive. My conjecture is that this is how Wittgenstein sees things.
He writes: “We can avoid ineptness or emptiness in our assertions only
by presenting the model as what it is, as an object of comparison – as, so
to speak, a measuring-rod; not as a preconceived idea to which reality
must correspond. (The dogmatism into which we fall so easily in doing
philosophy)” (1953: § 131). 

Let me propose an exegesis of this passage. The expression “our as-
sertions” refers to philosophy (as Wittgenstein conceives of it). Wittgen-
stein has a concern: how to avoid ineptness and emptiness in philosophy.
Let me begin with ineptness. There are at least two senses in which a
philosophical remark can be inept (or illegitimate, which is the same) in
Wittgenstein’s view. On the one hand, philosophical statements are ille-
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gitimate if they are attempts to explain or deduce something, or, more
generally, if they are conceived of as substantial theses. Here the source
of the illegitimacy is the confusion between philosophy and science (be it
a sort of explanatory doctrine such as natural sciences, or a sort of de-
ductive activity such as logic and mathematics). In order to avoid this
kind of illegitimacy, a merely descriptive philosophy is more than
enough: philosophy as a mere description of (the variety of our) linguistic
usages, philosophy as linguistic phenomenology, philosophy as a set of
insubstantial and/or descriptive “theses” about our language games; phi-
losophy so conceived is perfectly apt (legitimate) in the sense just out-
lined. Such merely descriptive philosophical statements, however, run
the risk of being empty: Wittgenstein’s worry is not only about philoso-
phy’s ineptness but also about its emptiness. That is why, he points out,
descriptive philosophy requires imagination and thought experiments:
the building of imaginary language games is required in order to avoid
the risk of emptiness. Philosophy as a mere description of linguistic us-
age runs the risk of being empty in two senses. First, it does not allow us
to discern philosophically interesting features of a puzzle, a situation, or
a question from ordinary and non-philosophical features. Secondly, it
does not allow us to distinguish between the essential features of a con-
cept and its accidental features (which depend on the idiosyncrasies of
ordinary language usages) (Casati 2010: 68). Thus, one of the purposes
of the use of imagination in philosophy is to avoid floating off into vacu-
ity. Imagination challenges the flexibility of our concepts, their applica-
tion in non-ordinary or bizarre circumstances, so that we succeed in see-
ing what is important or even essential in our concepts. It is no accident
that in the very next paragraph of the Investigations, § 132, Wittgenstein
writes that one of his main purposes is to give “prominence to distinc-
tions which our ordinary forms of language easily make us overlook”.

On the other hand, Wittgenstein warns us not to make a further mis-
take. When we describe our practices, we have the tendency to consider
them as the right ones or even as the standard of rightness. This tenden-
cy makes our descriptive philosophy inept (illegitimate) in a further
sense, namely, it makes it dogmatic. In this respect, imagination helps us
not to be dogmatic. However, we would run a similar risk of dogmatism
even if use imagination but conceive of it as a mysterious faculty (which
nowadays many people would perhaps call “intuition”) that makes it
possible to discover the given essence of reality and/or grammar. That is
why we should conceive of our imaginary language games as nothing but
objects of comparison (1953: § 562): they are just meant to put the flexi-
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bility of our concepts to the test, in order to throw philosophical light on
our actual language and concepts.

To sum up: description of linguistic usage is an antidote to metaphysics
(the illegitimate attempt to provide explanation in philosophy); philosoph-
ical imagination is an antidote to merely descriptive philosophy (which
runs the risk of being philosophically empty and illegitimately dogmatic);
the right interpretation of imaginary cases (as nothing more than objects of
comparison) is a further antidote to dogmatism and foundationalism.

For example, it is necessary that 2x2=4, but Wittgenstein imagines
that certain people believe that twice two is five. For what purposes does
he imagine this LAC? First, he attempts to show us that such imaginary
people have “a different calculus, or a technique which we should not
call ‘calculating’” (1953: II, 227). In other words, he shows us that our
concept of calculating is not sufficiently flexible to include the imaginary
circumstance: if we stretch that concept too far, we tear it, so that it be-
comes unrecognizable (= it becomes another concept). Secondly, as an
anti-foundationalist, he makes us pay attention to the following gram-
matical fact: though we should not call the imaginary technique “calcu-
lating”, we should not consider it as wrong or mistaken either (just as we
would not call a coronation “wrong”, even though such a ceremony
might look extremely odd to beings very different from ourselves; 1953:
II, 227); rather, we should regard it as a different technique.

7. Concluding remarks

Wittgenstein accepted a modified version of the Kant-Frege-Tractatus
line of reasoning. On the one hand, he seems to agree that illogical
thinking is not thinking at all. For example, he thinks that “logic is an-
tecedent to any correspondence between what is said and reality” (1937-
44/1983: I, 156). Moreover, he suggests that the laws of logic are the ex-
pression of “‘thinking habits’ but also of the habit of thinking. That is to
say they can be said to shew: how human beings think; and also what hu-
man beings call ‘thinking’” (I, § 131). In a similar vein, he points out:
“The propositions of logic are ‘laws of thought’, ‘because they bring out
the essence of human thinking’ – to put it more correctly: because they
bring out, or shew, the essence, the technique, of thinking. They shew
what thinking is and also shew kinds of thinking” (I, 133). Or: “Logic …
shews us what we understand by ‘proposition’ and by ‘language’” (I,
134). The minimal sense of the above quotations is the Kantian idea, in-
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herited by both Frege and the Tractatus, that logic is constitutive of
thought.

On the other hand, however, Wittgenstein interprets the Kant-Frege-
Tractatus line of thinking in a novel way. He criticizes Frege, who never
provided us with examples and descriptions of logical madness (1937-
44/1983: I, §152). He rejects the Tractatus view according to which “we
could not say what an ‘illogical’ world would look like” (1921-
1922/1974: 3.031; 3.032). And he does not take for granted what Kant,
Frege and the Tractatus took for granted, namely, the idea that the senses
of words such as “illogical” and “thinking” are fixed and given once and
for all. Not only does he point out that ‘thinking’, ‘understanding,’ and
‘concept’ are vague concepts (1937-44/1983: II, 13; VII, 70), but he also
describes certain habits or techniques different from the real ones, in or-
der to check and challenge the flexibility, the resistance, and the bound-
aries of our concepts of logic, calculus, language, proposition, and think-
ing. In his view, even though some imaginary cases lack some essential
features of what we call ‘thinking’, nonetheless “the line between what
we include in ‘thinking’ and what we no longer include in ‘thinking’ is
no more a hard and fast one than the line between what is still and what
is no longer called ‘regularity’” (I, 116).

As I have tried to show in this paper, several of Wittgenstein’s philo-
sophical thought experiments might be read as attempts to throw light
on the elastic boundary lines between what we include under a certain
concept (say, thought) and what we no longer include under it: perhaps
one of Wittgenstein’s most famous imaginary cases, namely, the builders’
language game described in the Investigations § 2, too, could be regard-
ed, to a large extent, as a way of establishing how much logic – in one or
another sense of “logic” – we need to speak properly of “speaking and
understanding a language” and “thinking”.

Generally speaking, such thought experiments bring us to one or the
other side of such boundary lines, or, if you like, they keep on drawing
those lines again and again, so that we learn something new about such
lines, such concepts, and ourselves as concept-users.13
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